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1 Bseaenne

B HacTosieit pabore YMTATETIO NPEJACTOUT MO3HAKOMHUTBCS ¢ TAKUM OOBEKTOM MaTe-
MATUKH, KAK KPATHBIE J3€Ta-3HAUEHUsI, KOTOPbIe MPOUCXOJAT U3 0OOOLIEHUS KAACCUMECKOT
dsema-pynruuu Pumana
1

C(s) =) —
ns
n=1
cs € C, Re(s) > 1. B cBoeit crarpe [1] Xoddman seogur 06obmenunst a3era-pyHKium
Pumana, KpaTHbe 13eTa-(DyHKINT, KOTOPHIE B HATY PAJIBHBIX TOYKAX HAZBIBAIOTCS KPATMHbLMU

d3ema-31auenuaMu:

C(s1,82,...,8K) = Z ;Sk (1)

S1..89
ni>ng>...>n>1 1772 k

C*(ShSQ""?Sk) = Z %’ (2)

S1 .82
”’L n « e . n
ni>ne>..>np>1 L2 k

rae si,...,Sx € Nys; > 1. CxogumocTsb psioB obecreunBaercst yeaopusamu Re(s;) > 1 u

I
> Re(sy) > L.
k=1

Jlauublil TPy HE IIpeTeH/yeT Ha TO, YTOOBI ObITH MOJHBIM 0030POM BCEX CYIIECTBYOIIUX
METOJI0B PabOTHI ¢ KPATHBIMU J[3€TA-3HATEHUSIMHI, OH TOJTHKO 3aTPArNBAET HEKOTOPHIE CIEIH-
duyeckue MeTobl pabOTHI ¢ HocaeannMu. Pabora Bkirodaer B cebs Tpu pasziena. Ilepssrit
pasjies MOCBAIECH OOIMIEN3BECTHBIM HaubO01ee BayKHBIM pe3yJIbTaTaM, KacaloluMcs KPATHBIX
JI3eTa-3Havennii. Kax KpaTHble A3eTa-3HavYeHHs SBISIOTCS 0000IeHHeM KJIaCCHIeCcKoil a3eTa-
dyukimn Pumana, Tak 00001EHHBIE TOJIMJIOrAPUMMbBI SIBJIAIOTCH €CTECTBEHHBIM 000011eHneM
KpPaTHBIX Ja3eTa-3HadeHnii. Mbl OyaeM HCIOIb30BaATh 0000UWEHHBLE NOAUAOGPUPMBL TS T0-
Ka3aTe/IbCTBa HEKOTOPHIX (pakToB. HamoMuuM uurareiio onpejie/ienne JaHHOTO 00heKTa:

ni

z
Lig..s() = Y o
ny>-->np>1 nl n2 o nk
psij, exoaurest upu |z| < 1. Henwie uncia I(s) = k u [s| = Zle |s;| HasbIBatOTCSH daunot
(2aybunoti) n eecom Habopa s = (Sq,..., Sk).

Bo BropoMm pa3zjiesie paccMaTpuBaeTCs TaKoi MeTOJ M3ydeHUsl KPATHBIX JA3eTa-3HadeHuit,
KaK KpaTHble FTApDMOHHYECKHE CYMMBI, B IIPEJICTABJICHBl HEKOTOPbIE METOJIBI padOThI C CyMMa-
M. KpaTHble rapMOHIYECKHE CYMMBI MOT'YT PAaCCMAaTPUBAThCA KaK dJIeMEeHTapHbIe "KUPITHIH-
Ku’ JIIsl BbIBOJIA HETPUBHAJIbHBIX TOXKIECTB. [Ipexk e yem nupuctynurb K 006CyKJIEHUIO ITOr0
BOIIPOCA, MBI QUM TOYHBIE ONpejieeHus STHX 00bekToB. st r € Ny s = (51, 89,...,5,) €
(Z)" m HEOTPUIATETIHHOTO HEJOT0 N 3HAKOUEPEOYIOUWAACA KPAMHAA 24PMOHUNECKAA CYMMA
olrpeiesigeTcs Kak

r k;
sgn(s; )™
Hn(517327"'787“): Z H gk,(S'L) ’

n>kp>.. >ko >k >1 i=1



B cayuvae, eciu Bee Si, ..., S, NOJOKUTENAbHDB, H,,(S1, S2, . .., S,) HA3BIBAIOT KPamHotl 2ap-
MmoHuueckol cymmot. JIns s = (81, 82,...,8,) € (N)” MOKHO OHNPENEIUTH KPAMHYIO 24PMO-
HUMECKYI0 CYMMY CO 36E300uK01

Sp(s1, 82, ..., 8) = Z H

n>k7‘> >k2>k1>1 =1

ITo oupenenennto nonoxum H,(s) = 0upun < r,u H,(2) = S,(9) = 1. llon {s1, s2, ..., s; }™
MOHAMAETCS [OCJIeI0BATEIBHOCTD JUIMHBL Mj ¢ M MOBTOPEHHSIME (S1, S, ..., S;). KpaTubie
rapMoHn4ieckune CyMMbl €CTeCTBECHHO BO3HUKAIOT B PAa3JIMYHBIX O6ﬂaCTHX MaTeMaTUKu, Ta-
KIUX KaK KOMOMHATODWUKA, TEOpUsS YHUCes, ajredbpandeckas reOMeTpHs, KBAHTOBAS TEOPUs W
Teopus y3s10B. [IpejiesibHble ciydan KpATHBIX FADMOHUIECKHX CYMM IIOJOKUJIU HAYAIO U3Y-
YeHHIO KPATHBIX J[3eTa-3HaYeHHUil:

C(s1,82,...,8) = lim H,(s1,82,...,5),
n—oo
C*(s1,82, .-, 8:) = lim S,(s1,582,...,S),
n—oo
ompe/ieJIEHHbIE JIJIA S| > 2 U So,...,S,._1 > 1, 9T00BI 00ECIIeYUThH CXOAUMOCTD PsiJIOB.
Tperuil pasjaes HOCBAIIEH HHTerpajiaM I'MIepreoMeTPpUYecKOoro THIIA.
Ob6osnaunm @ = (ay,...,a,),b= (by,...,b,),¢=(c1,...,¢y) W
n n bi—a;—1
o g8 — gyt
I,(a; b;¢lz) H / H —dr, (3)
lFal b; - 1—zx1 ;)G
= [U 1]1’1 K]

rae z,a;,b;,¢; € C, larg(l — 2)| < m n R(b;) > R(a;) > 0 npu ¢ = 1,...,m, u KpaTKo
obo3naueno dz = dxy - - - dx,,.

DTOT HHTErpasI IPH PAIHIHBIX HAO0paX G, b, € IpH z = 1 mpescTasiser coboil TnHefHbIe
KOMOUHAIUHU JI3eTa-3HaYEHUl C palluOHAJIbHBIME KO3 dunumenramu.

Myctrb 0=ro<r <...<rmy<r=nuc¢=0ecmui¢ {r,....,m},i=1...,n, 1a
9T0O

= ({ O }'r'l—'l‘o—17 CTl, e { O }7‘[—7‘[,1—17 CT'1>.

Torpma unTerpan (3) npeacraBiaseTcs B BUje psia

l Ty
(@ b:e|z) = Z 1t H U(er, +K5) H D(a; +kj + ...+ k) U(bi) 7
k1 >0, en >0 =1 F(erxkj)' - 1 F(bZ + k?j —+ ...+ k?l) F(az)

1

KOTOpBIi sBjsgeTcs 6osiee oOIUM cjiydaeM 00OOIIEHHON rumnepreoMeTpudeckoin hbyHKIUN

n+1Fn ( ao,Cll;l: .. .. .. :ZZ Z) _
F(ao + k) F(CL1 + /{3) N F(an + k’) F(b1) . F(bn) Z_k
F(CLO) F(al) F(an) F(bl + k) F(bn + k) k!

k>0



(0,...,0,a0). Nnorpa s yo06cTBa BOCHPUSITHS Mbl OyI€M 3allUCHIBATH HApaMeTpbl
CTPOKAMHI APYT HAJ JAPYTOM, KAK 3TO CIAEJAHO BBIIIE.

B Tpernem paspese 06CyKIAI0TCA CIOCOODI MOy YeHIs Pe3YIbTATOB JIJId HHTETPAJIOB THIIA,
(3), 1 TOKa3BIBAETCS HECKOJIBKO HHTEPECHBIX TOXKIECTB JJisl PO Buja (4).

p_HE
a,b,cc

2 Ilepuoamyeckue a3era-3HaUEeHUS

OCHOBHBIM Pe3yJILTATOM, IIOBJIUSBIINM Ha H3YUeHHEe KPATHBIX JI3€Ta-3HaYeHII U KPATHBIX
JI3eTa-3HAYEHUI cO 3BE30UKON MOXKHO Ha3BaTh pabory 3arupa [2|, B KoTopoil 6611 paceMor-
PEeH H JI0Ka3aH CJCAYIONUNA pe3yabTar:

w24

(2¢+ 1)1

C({2}9) = (5)

JokazarenbeTBo (5) MMUPOKO W3BECTHO, HO MBI HPUBEIEM €ro Kak JJIsi TOrO, 4TOObI Ta
paboTa ObLIa MOJHOI, TAK U TIOTOMY YTO AHAJOTHYHBIEC UJICH JOKA3ATEIHLCTE OY/IyT UCIOIb30-
o0

BATBCA Jajlee: paccMaTpuBaeTcda npoussoggamas gyukuua » (—1)"¢({2}")z** ! u u3 onpe-

n=0
nenenns ({2}") Haxomurcst
> 0 r2n p2nt1
o ym) g2+l _ 1_x_ _s1n7rx_
Soreet = T Z g

HOCJIeTHUE JIBa PABEHCTBA OBLIU IMOJIy4YeHbl ditaepom. [loxoxkum 0bpa3zomM MOXKeT OBITH MOJTy-
YEHO TOXKIECTBO

¢({2}) = 2(1 = 2'7%)¢(29), ¢ >0. (6)
B [3] aBropamu n0Ka3ano, 4To
27T4n
C{3,1}") = oy n > 0. (7)

Mpr GysieM HCIOJIB30BATDL 0DOOIEHHBIE MOIUIOrapuMBbI I JIOKA3aTEIbCTBA ITOr0 (haKTa.
~ k . " :

Ecm 8 = (s1,...,85) u s =) ;| 8, TO Kaxpiii nepuojuieckuit nosunorapubm Ligsy-(2)

IMeeT TPOU3BOIAILYIO (DYHKITHIO

Ls(z,t) = Y Ligsyr(2)t7,
r=0

KOTOpas YJIOBJIETBOPAET OOLIKHOBEHHOMY JuddepennuajibHOMy YPaBHEHUIO 110 epeMeHHO
z. B npocreiitiem ciydae, k = 1, s Tpanchopmupyercss B cKaJsap, n guddepeHinaibHoe
ypaBHEHHUeE JI/Id IPOU3BOIdINeil (DyHKIUK BHITIAIUT Kak Dy — t° = 0, e

b (-9 8) ()"

Pemenunem siBiisiercst psiji 0000IIEHHOM rHIIEpreoMeTpudecKoi OyHKIUN



o0

r—1
te te
I (R
r=1 j=1

—wt, —wit, ..., —w>
= s—1 <1,
1, 1, |
rie w = €™/* — IPUMUTHBHLI KOpeHb U3 —1 cTemeHn s.

Bynem oboznavars runepreomerpudeckyto dbyukimio Faycca kak F(a, b, c|z), Torna
. in 1 1 . 1 1 .
> i ()" = F(GH1 +3), =51 +0), 1) F(GH(1 = i), —5t(1 =), 1]2). (8)
n=0

O6e "acTH paccMaTPUBAEMOTO PABEHCTBA HAUMHAIOTCS C

1+t4 2, t 3+t8+44t4 i
—Z —Z ——— <
8 18 1536

H YHHYTOXKaIOTCA ,ZLI/I(I)(I)GPGHH‘I/IZ%JH)HBIM o1epaTopoMm
— d\2(,d\2 _ 44

JI1st 7eBoit 4acT 9TO CHPaBeIIUBO BBUAY TOTO, 4TO dbyHKuuA Lis, s, (2) yroBaeTBopser
cucreMe juddepeHTuaIbHBIH ypaBHEeHH

_Lisl,...,sk (Z) = ;Lislfl,...,sk (Z), ecau sy > 17

Lislv"'75k (Z) = LiSQ,...7Sk(z)7 nHave.

dz 1—1=2

N3BecTHo, uTo runepreomerpudeckasd pyukius ['aycca yaosierBopsger auddepennuaibHoMy
yPaBHEHHIO Jitepa

d? d
z(1— z)wF(a, bclz) + (c— (a+ b+ 1))£F(a,b,c|z) —absFi(a,b;c|z) = 0.
Takum obpazom, Girarogapst cucreme
a2 1 1 it? 1 1
1—2)—F(=t(1+4+1),—=t(14+1),1|z2) = ————F(=t(1+14),—=t(1+14),1
2 1 1 it? 1 1
1—2)—F(=t(1—14),—=t(1 —1i),1|2) = ———F(=t(1 — 1), —=t(1 — 1), 1

JOCTHTAETCs PABEHCTBO MpaBoil wacTu (8) Hym0 mocje npuMeHeHust onepatopa Ds;.
Teopema cymmvmupoBanus ['aycca yTBepxkiaaeT

1 _ sin(ma)

Fla =) = 0= riva =



3HauuT, MOM0KUB 2 = 1 B mpou3Bosieil (hyHKImn (8), MBI IMOJYyYaeM
> (3, 1yt
n=0

= F( 1

1+ i), — 51 +i), 1] 1)F(%t(1 _4), —%m —i 1)

2sin(3 (1 + 4)mt)sin(3 (1 — i)mt)
22

[\')IH

- 12t2(6(1+¢)m/2 _ (Lt (1=iymt/2 _ =(1-i)mt/2)
T
1 Tt —t it —imt
=gl T T e e
- (T)™ = 2rintn
2122 ’mz:()( DT (=) m! ;% (4n + 2)!

Taxkum 06pa3om, GBIIO TOTYYEHO J0Ka3aTeabeTBO (7).

[Tpu momomu MeTona HpPOU3BOAANICH (PYHKIUHE MOTYT OBITH HOJIYYEHBI TAKKe U HEKOTO-
pble JIpyrHe 3aMedaresibHble TOXKIecTBa (cM., Hanpumep, [4]), ananoruunsie (7). B pabore
BacusibeBa 5] 1puBoanTCs M JI0KA3BIBACTCS CJIEAYIOLIEE TOXKIECTBO:

¢C({2},1) = 2¢(2¢ + 1),
KOTOPOE SABJSIETCsT 0COOBIM carydaeM (hOPMYJIbI ¢ IIHKJIXIECKOH cymMMmoii [6]:

CH2 AL ) = qClgm +1),  kENs>2.

3 Kparable rapMOHUYeCKe CyMMbI

B [8] npuBomuTcs mamnHTepecHeHNi PE3yaBTAT O KPATHBIX J3€Ta-3HAYEHUAX. ABTODBI
MAHUIIYJUPYIOT KOHEYHBIMA PAJaMU, CyMMbI KOTOPBIX CTPEMATCA K J3€Ta-3Hadennsm. Jlan-
HBI{i METOJ B TIOCJIe/IHee BpeMsi IpruobpeTaer MomyasipHOCTh (¢M., HarpuMmep, [9]), mostomy B
JIAHHOM 0030pe Mbl PENIUJIU OCMOTPETh Ha HEro modJInzKe:

1)k_1Hk_1(2a + 1)

C*({2}9,3,{2}") = 2C(2a + 2b + 3) + 42 e , (9)
k=1
C*({23%,1,{2}") = 2C(2a + 2b + 1) 42 Hkkgbﬂ . a,b>1, (10)

rjae



SIBJISIETCSL 3HAKOUepeyolieiicst j3era-byukimeit, B tom ducie ((1) = log2.
DTH TOXKIAECTBA MOTYT OBITH ITOJYYEeHbl U3 HUKCIPUBEIAEHHBIX TOXKJECTB MPHU yCTPEMJIe-
HUU N K OECKOHEHOCTN:

)kl

sty 4219 =23 i eay BB W

Snl{24.1,{2) = 22 ﬁ —4) H’;;fl_(iﬁ@ (12)

ToxkmectBo (11) gBJsgeTcs ciegcTBIEM CJEMYIONEro TOKa3aHHOroO (akTa:

YrBepxkaenue 1. /[ia nososcumensvno20 4es020 4UciG N U HEOMPUUAMENOHOLT UCALT HU-
cea a, b, u c > 2 svinoareno

k-l Hy1(2 1EL(R
512}, e, (2 = zz—QaHLc W > s>z SRS b}
z>1,3>2,\ \>0

(13)

ede s = (s1,82,...,8) N qar>0,uls|=>" s, Is)=r.
JIng OKA3aTeTbCTBA BBIIEYIOMSAHYTBIX TOZKIECTB HAM IOHAJTOOUTCS JIEMMa, KOTOpas
OyIeT masee aKTUBHO UCIOJTb30BATHCS.

Jlemma 1. Jlas 410061 NOAOAHCUMEALHT UEADLT YUCEA T, N U HEOMPUUGMEALHOR0 UeA020 [

GUNOANACTICA i _ (nnznk> _ (1) (nmfl_jl)’ (14)

k=l+1

2 L A 15
2 ity = 1)
") -

22y~ )

Ecaul > 1, mo

) ) ;
Z kz (k+l) l2 (n—l—l) : ( )
Eeaun > 2, mo

—0. (18)



31ech 1 gajee yao00HO HCIOIb30BaTh OOBIYHBIE OMHOMUAJIBHBIE KOI(DUUITHEHTHI (Z) B OoJiee
H_H/IpOKOM CMBICJIE. HOBBOJH/IM HI/I}KHeMy I/IH,ILeKcy (Z) 6bITb TaKzKe HpOI/I3BOﬂbeIM OeJIbIM
YUCJIOM, II0JIarast (Z) =0, ectn k < 0.

[lepen HavaiOM MOKa3aTEJbLCTBA IIEPBOI0O TOXKIECTBA MBI 3aMETUM, 9TO

ehkl(mﬁ)zw%mk+1»—Gmw> (19)
"
AJid ITOJIOZKUTEJIbHDBIX LEeJIbIX 71, k’ C
-1
k)= (=",
G(n.k) = ( >(n_k>

Toryma cymmupyst obe wactu ypasuenus (19) mo k or [+ 1 10 n, noxydaem

En: (—1)! (n”ink) —Gn+1)— Gl +1) = -Gn,l+1) = (_1)l< mn = 1 )

n—1_1-—1
k=I+1

BTopoe ToxkmecTBO JOKa3bIBaETCs MOXOKUM obpaszom. 13

2(7]1(%)) = R(n,k+1) = R(n, k) (20)

AJid IOJIOZKUTEJIbHBIX IEeJIbIX 71, kc

Cymmupyst 06e gactu ypasaenust (20) mo k or [ + 1 mo n, noiaydaem tpebyemoe. H1o6bI
Jokazath (18) 3amerum, 4ro st meabix n > 2,k > 0,

% = Q(n,k+1)—Q(n, k), (21)

raoe

(D4 k= Do+ 1))

2(n — 1) (")

Q(n, k) =

JleficTBUTEIBHO, PACIHCAB 0 ONPEETEHUI0 PA3HOCTH B TpaBoil yactu (21), moaydaem re-
MOYKY PaBEHCTB

(—=1)*(k + 1)kn!n! (=1)*k(k —1)(n+ k)nln!
(Tkl—k:—l)!2(n—1)(n+k:)! (n—kK)12(n—1)(n+ k)! _k
—1)*n!nlk ) ) —1)*ninlk?
2(n = 1<)(n)+ Dl — g & TR k) 4 (= k)n+ k) = (n(—i— k))!(n mynTk

NoCTIe/THee Ke BhIpazkKeHue siBIsIeTCs HI 9eM HHBIM, Kak JeBoit yacthio (21). Taree, cymmupyst
obe wactu paseHcrsa (21) no k or 1 710 n, noxydaem

7



~ (CDR2(5)

= ()

=Qn,n+1)—Q(n,1) =0,
U JIeMMa JOKAa3aHa.

HeMMa 2. [yecmo k, m,n A6AAI0OMCA NOAONHCUMEADHDLMU UEABLMU YUCAGMU, An Y= (=1F(m

n—=k
206 Cn m) C!/Ly’LLCLUHCL.ﬂ noc./Ledoeame/LbHocmb, HE 3asucAwWan om, ]{f, U a HeEOMpuyamensbHoe yenoe

yuceno. Toeda dns ecex ¢ € N

1 <& Hk_l(b)A;nZ) ", Hy_1(b) A;nz

Hy_(b,s)A™
ne La - La+tc Z m!" Z L (22)
k=1 k=1 j+|s|=a+c k=1
7>0,51>a

ede s = (s1,89,...,8) €N daar >0, uls| =" s,l(s)=r.
U3 (14) caenyer, 910

Z Al = ( z) A, (23)

k=l+1
Hokaxkem (22) no nnayknuu 1o c. 113 (23) nmeem

n - H—
> Hialas A% =m 3 0D S0
k=1 =1 k=l+1

_ZH“ )<l_1>:

n 1

__ZH, (B)AYY & Hiy(b) ALY

n,l
la—l—l ’

=1

aro sapisiercs (22) mius ¢ = 1. Tenepn nosoxkum ¢ > 1. Torga no npeanosoKeHuo HHLy KU

nMeemM
L Hb)AY <1in-1<b>Am)_

ka

k=1

ncl

" Hp 1 (b)A™ ey o= Hii (b s)A( ™
— - MR (s) ’ n.k
=2 > om Z gt

k=1 j+|s|=a+c k=1
7>0,51>a+1

A jor o= Hy—i(bya +1,5) AT
_ n, (S) ? ? n,k
=m +m g m %

j+|s|=c—1 k=1
720,51>0
n Hk_l(b)A(Tr]? Hk 1 b S)A(m " Hk_l(b S)A(m)
_ n, s) n,k (s) ) n,k
e D oy ey PO
k=1 Jj+|s|=a+c j+|s|=a+c k=1

7>0,s1>a+1 7>0,51=a+1

e,



JlemMma 2 mokasama.

HokazaTenbcTso (13) nposeaém no unaykiuau o n. JInan = 1 uveem Sy ({2}9, ¢, {2}°) =
1 u popmyna Bepra. as n > 1 MBI HOCTYIIUM cJaeayionuM oopasom. Eciau ¢ = 2, To ciaeayer
JIOKa3aTh, 9TO

Sn({2}7) =2 Z k;r)b (nJrlE)) ’ (24)

rie m = a+ b+ 1. BaMeTuM cHadasa, 9To

Sn({2}™) = > W

1<k1<kz<...<km<n Fim

an n1{2})

3aTeM 1o TPeIIoI0KEeHNI0 HHAYKIITT HMeeM

n 1 n—1 kl(nl kl(nl)mnzl
Sn({Q}m) = 22 n2(m 1) Z ]{J n+k: 1 - n2m Z n+k: 1) Z ﬁ -
=0 k=1

n ( 1)k 1(2)( 2m—+2 k2m+2) B

2
- n2m+2 Z ka (n—i—k)

k=1

Ic 1k2( )

)k 1 )
o 22 ka n+l<: n2m+2 Z n+k

u dopmyrta (24) mosydaeTcs MOMEHTAIBHO PU HCIOAb30BaHuE paBeHcTBa (18). s moka-
sarenncrsa (13) mas ¢ > 2 3amerum, 9To s n > 1

5.({2) e, {2)") = T —

2 2
ka<ka+1<ka+2<..<kaips1<n 't o Ko ka1 ot - Kb

- Zn 1 Sno1({2}%, ¢, {2}") + n2bte Sn({2}9)-

Janee no mpeanoaokenuo nHaykmun u gpopmyie (24) uveem

b 1 k 1 (n—l)
Sn({Q}a7 ¢, {2} =2 Z n2 (b=1) 2(a+1)+c (nJrIZI) +
=0 k=1 k

1 5 o= <2a +i,8) (=) (")
MY e 2 ; 2 (") o

=0 i+j+]|s|=c

n—

i>1752,[5/20
2« (D)7
n2b+c p ]{Z a

_|_

o



Menss mopsj0Kk CcyMMUPOBAHUS M BBIYUC/ISAS BHYTPEHHIOID CYMMY

(ngl) inm B n2b+2 _ L2642 (ngl) _ (n_Qb - k_2>

(nfliJrk) — k2l (n2 _ k2)k2b (nf;Jrk)

k2b n2

MOy daeM

Su({2)%, e {2} =2 %*

k=1

n . _ k—1(n
14 Z 9l(s) Z Hj1(2a ‘2: Zy'szik DM () I
i+it]s|=c =1 k26t (")

i>1,7>2,[s|>0

2 EU) 2 g D)

n2b+c — k2a (n—]&{-k) n2b+2 — L2a+c—2 (n—]lg—k)
4 o~ Hio1(2a +1i,8) (=11 (})
T 2b—2 Z 2¢) Li—2 (ntk ‘
it+j+|s|=c k=1 ( k )
i>1,5>2,|s|>0

PuHaIbHBII pe3yJjabTaT cjaeayer HeMeAJI€HHO, KaK TOJIBKO ITIOKa2KeM, 4TO

n 2 n 2 n . 2
1A AS) o) o Hio1(2a 4, [s))AD)
—2 2a = 12 Z 2 Z — ’

ne k. a k2a+c 2 k] 2
k=1 k=1 i+j+]|s|=c k=1
i>1,5>2,|s|>0

e Aff?c (—1)kt (Z)/(”:k) PaBencTBO cpaBe1InBo BBHIY JleMMBI 2, Tak Kak

" Hy1(2a+ i, |s]) AY) " Hp_1(s)AY)
l(S) ) ’I’L,k_ l(S) nvk
A N L) e
i+j+|s|=c k=1 j+|s|=2a+c—2 k=1
i>1,j>2,|s|>0 j>0,|s1]>2a

st mokazaresbersa ke (12) Bocmonb3yeMmcest nHAYyKInei mo n. OdeBuHo, hbopmyia cripa-
BeguBa mpu n = 1. [Ipu n > 1 mcnoap3yeM paBeHCTBO

b

Su({2), 1,421 =

=0

Sna ({23, 142Y) + 5 Sa({2})

n2

U TOBTOPHUM T€ YK€ PACCYZK/IeHUsI, ITO U HPH JAoKa3areabcrBe YTeep:xkaenus 1. Torma ¢ mo-
MOIIBIO cooTHOMIeHust (15) MOYKHO HOTYydUTh XKeaaeMoe.

OrmeruM, ato dopmysia (2) MoxkeT GbITh TOJyYeHA TaKKe IPU YCTPeMJIeHHH N K GecKo-
HEYHOCTH B TOXKIECTBE

Sa({2}9,1) =2 %

=1 l
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KOTOPOE MOKeT ObITH MOJIY9IeHO C UCIOIb30BAHIMEM KPATHBIX TAPMOHUYECKIX CYMM.

B craree [2| Barup Beipazkaer ((2,...,2,3,2,...,2) 4epe3 npocThie a3era-3Hadenuns. Pac-
CYyZKJeHUSIME, abCOMOTHO AHAJOIHIHBIMU TOJBKO 9TO MPOBEJEHHBIM, aBTOPHI 8] mpuBoIgT
ropasjio 60J1ee IMpPocToe JOKA3ATEIHLCTBO Pe3y/IbTaTa 3arupa. DTOT pe3yabTaT ObLI CYIIECTBEH-
HO UCIOJIb30BaH BpayHoMm B [7] aJ1st JoKazaTeabeTBa TOro, 9To J3eTa-hyHKINI, apryMeHThl
KOTOPBIX COCTOSIT TOJTBKO W3 HAOOPOB JBOEK U TPOEK (PUKCHPOBAHHOTO BECA, SBJISIIOTCS 00-
Pa3yIOIUMHI JTUHEITHOTO TPOCTPAHCTBA, MOPOKIEHHOTO BCeMU /13eTa-(hyHKIMIME 3TOTO BECA.

B pa6ore simorckoro maremarnka Cro3u fmamoro [10] paceMaTpuBaoTest COOTHOIIEHUST
HECKOJIBKO JIPYTOTO THTIA: OIPEIeTd0TCs

spa) = Y G2y 3,21 1, {223, (2P 1, 2P, (26)
J05J15+-,J2p20
Jo+ii1+-+J2p=q

JIsT KOTOPBIX siBHast (hopmyJia Oblia BeiBegeHa Boymanom u Bpammu [11]:
s(p. q) = <2p ’ q) :
q (2p+1)(4p + 2qg + 1)!
[ToxozkuM 00pa30M MOYKHO OTPEIETUTH
sSpa)= Y CH2Y3 {21 1L (2073, 2 1 {2

- J05J15+-,J2p 20
Jo+J1+-+J2p=4q

Art+2q

3y106uH B cBOeil paboTe TPUBOAUT ABHYIO hopMyry s caydasd p = 0, OHA BBIJISAIUT CIETY-
fo1uM 06pa3oM:

(_1)q_182q 7T2q
(29)!

(B, — 2g-oe umcsio Bepuymn). B 9100t crarhe IpEBOANTCS AOKA3ATEIBCTBO CJIEAYIOIIETO
cooTHoIeHnst MKy s(p,q) u s*(p, q):

SCYEED DI (i G FOF I S E B! (7

2i+k+u=2p
JHl+v=q

s*(0,q) = ¢*({2}7) = (2% - 2)

Unest jokasareibcrBa COCTOMT B MaHUlyjsinuu KoHeunbiMu psajgamu H, (k) u S, (k) ¢
nabopom k = (ky,... k) (k1,... .k, > 1).

Hagee mbr pukcupyem a, b u ¢, yaoBjaeTBOpsOIINe YCJI0BUIO a+b = 2¢. s menabix p,q > 0
BBeJEM [}, , = Ig;;”c - MHOZKECTBO, COJIepzKalliee Bce HaDOPBI, IHOJYUEeHHbIE IIYTEM IIepeMelrnBa-
Hust IByX nocaenosarensrocreii ({a,b}?) u ({c}?). MoxKHO Tak:Ke paccMaTpuBaTh KOHEUHbBIE
BapuaHTbl cyMM MZV, nopobubim s(p, q) u s*(p, q):

Sm(p:q) = Z Hp (k) Sm(P:q) = Z Sm(k),

kel, 4 kelp,q
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Torma (27) moxer ObITH MOJYYEHO U3 CJELYIOIEro Toxjaectsa npu (a,b,c¢) = (3,1,2) u
YCTPeMJIsisT M, — 00

sa = 5 o (U ()i Sa Sz 0m 20

2i+k+u=2p
JHl+v=¢q

(28)

Ecmm nonoxurn

Fo(,y) =Y smp, 2™y, Ku(z) =Y Hu({c}")7,

p,g>0 r>0
Fr(zy) =Y supar™y’,  Kn(2) =Y Sa{c})?",
P,q=0 r>0

TO HECJIOZKHO YBUAETH, YTO (28) SKBUBAJIEHTHA CJIE/IYIOIIEMY TOXK/IECTBY ITPOU3BOISIINX (DYyHK-
LMIA;

Jlnst mokasaresibCTBa ITON TeOpeMbl omnpejiesistercs J,, = Jg,’g’c, KOTOPO€E COJIEPKUT BCE

HaOOPBI, TTOJIyYeHHbBIE IYTEM TTepeMeInBaHusl ABYX Hocaenosareabnocreii (b, {a, b}?) u ({c}?)
M BBOJISITCSI

tu(pra) = Y Hu(k),  Gu(z,y) = > tulp, @)™y,

keJdp g p,q>0
a) = > Su),  Grl@y) =) e gy
keJp,q 9,q>0

JloKa3aTeIbCTBO BHIMIEIIPUBEIEHHON TEOPEeMbl MOJTHOCTHIO 3aK/II0YEHO B KIIOYEBOH JTeMMe:
Jas m > 0 sepro

ede

1 14+ 4 z
‘/l: — — ( IZC la >.
T A

YUTobbl 10KA3aTh ITY JEeMMY, TpeOyeTcss pasioKuTh F,(x,y) HA TPH CYMMBI: TEpBYIO,
OTBEYAIONLYI0 My < M, BTOPYIO, OTBEYAIONIYIO M = M U k| = a W TOCJEeIHION ¢ M; = M U
ki1 = c. Torjga MoxKeT ObITH MOJYYEHO COOTHOIIEHNE

T Yy
Fm<.§C,y) = Fm71<l’,y) + %Gmfl(xvy) + %mel(l’,y)-

12



HpOﬂeﬂaB AHaJIOTUYHbIC BbIYHUC/JI€HUA, MOXKHO IIOJIYIUTHb
x Yy
Gn(z,y) = Gpq(x, —F,,_1(z, —Gp-1(x,y).
(z,y) 1@,y) + 5 1 (@,y) + G (2,Y)
KOM6I/IHI/IpyH ABa. ITOJIYI€HHBIX TO2KJECTBa, UMeEeM
Gm(l‘7 y) " Gm—l (l” y)

I/I IepBoe COOTHOHICHUE M3 JIEMMbI BbITCKaACT 11O WMHAYKIUH. CXO}KI/IM 06pa30M MOZKET 6bITb
MOKa3aHO, YTO

o Y
F; =F, _Gm ) —Fm » )
m(l‘7 y) m—l(m’y) + ma (‘T y) + me (‘T y)

Gm(x>y) = Gm—l(‘%a y) + %Fm(‘%? y) + %Gm(l’v y)a

(S T (@) e (&)

3HAYNUT,

N3 Toro, aTo

U TpeIIooKenus a + b = 2c¢, ciaeayer BTOpOe TPEINOJ0KEHUE JEeMMbl MyTEM WH/LYKIIHH.
Tenepsb He mpe/cTaBIgeT Tpyaa J0Ka3aTh Teopemy (29). deficTBUTeIbHO, N3 JTEMMBI CJI6/IyeT,

S e ()

=1

4 HVHTerpaJjibl runepreoMeTpuiecKoro Tuiia

13 paznoxenns (4) cienyer, 9T0 B Ipejenax 0JOKa U3 HyJelt H HEKOTOPOTO ¢, MOK-

HO JIeJIaTh II€PECTAHOBKH BHYTPH IDYII ¢; U b; , TAK KAaK OT MHBEPCHH JIBYX BEPXHHUX W

JIBYX HUZKHUX NAPAMETPOB 3Ha4YeHue (DYHKIUKU He H3MEHUTC. Takzke BUIHO, YTO €U OJIUH

M3 BEPXHUX 11aPAMETPOB PABEH KAKOMY-/JM0O U3 HUXKHHMX B Lpejejax 0JoKa u3 Hyseil, 1o
apaMeTpbl COKPATATCH, U TOPAA0K (DYHKIUH IOHUBUTCA HA €JIUHUILY.

[Cunepreomerpudeckas dynknus Faycca F'(ag, ar, by | z) aBsieTcst 9acTHBIM CJIydaem

unTerpaa (3):
F(ag,a1,b1|2) = L(a;bi5a0]2). (30)

13



Cornacho [12]| B obractu |arg(l — 2z)| < 7 cupaBe BBl DABEHCTBA:

F(ao,al,bl | Z) = (1 — Z)_alF (bl — ao,al,bl

F(ao,dl, b1 ‘Z) = (1 — Z)iaOF (ao,bl — ag, bl

—Z
32
1-— z) ’ (32)
F(ao, as, bl | Z) = (1 — Z)blialiaop(bl — Ao, bl — az, bl | Z). (33)

BI)IIHerI/IBe,ZLéHHbIe paBeHCTBa MOI'yT OBITD II0JIy4€Hbl 3aME€HaMHU

x 11—z
r— —— r—1—uz, r —
1—2z2(1—-2) 1—zz

B HHTerpajJnHOM npejacrasiaennn (3). B csoeit pabore [13] E.A. Vianckuii uctonssyer 0606-
IEHHBIA BUJT [EePBOii 3aMeHbl U IPHBOJUT JOKA3aTEIbCTBO 00JIee OGIIEro TOKICCTBA IS
(31), a nmenmHo

—). (39

L(@;b;¢|z) = (1 — 2) " L,(@; b; by —ag —c1,. .., by_i — Gy — Cp1, by — cn‘

B mpencrasiaennoit pabore MOJYIHM aHAJOITIHBIE Pe3yabTarsl s (32) u (33).
Ob6osznauuM ¢; =¢;+ ...+ ¢y, tnei=1,....n

Teopema 1. ITycmsv evinoanenv yeaosusa oai napamempos unmezpana (3). Tozda

_ Cy, ay, Ca, ceey Qp—1, Cp; —
= h-~ _ —cC A A .
In(a7 b,C|Z) - (]- _Z) 1]2n—1 bla C1, b?a -y Cp—1, bn7
b 0, b 0, b 1=z
1 — ag, ) 2 — A2, ..., ) n — An
(35)
,Z[OKaBaTe.TIbCTBO HpOBe,ILéM HH,ZLyKILHGﬁ II0 n. HpI/I n = 17 [IpUHIMad BO BHUMaHHeE

paBercTBo (30), yrBepzKaenue TeopeMbl cobnagaer ¢ (32). [Iycrs Temepb n > 1 u qasg n — 1
YTBEp:KICHIE TeOpeMbl BepHo. Hanummem onpeferenue u Mpons3BeaeM 3aMeny T, — 1 — T,.
[Tomyunm

n@he) = [ / H - x’)bhaiild—
w(@; b; ¢z 7
P F(al b —a;) (1—zzqy...2;)%

01" *
_ F(bz) / n—1 x?i*l(l — xi)bi*aifl :L,ananfl(l o :En)a"’l .
['(a;)I'(b; — a;) P (1—zoy... 2% (1—zzp.. . 2p ) (1 — %)cn

Ilyers |2| < 1m

< —2T1 ... T, )_c” C(e, + k) ( —2T1 ... Ty )k
JIeH B BUJIE pAjia, 8 nMenHo: | 1 — = .
-1 k>0 -1

—z
’ < 1, Toraa 3HaMeHaTe b MOCJIeJHel 1poOU MOXKET OBITH IIPEICTaB-

1—z221...2, Clep)k! \1—zzy...2,
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[ToacTaBuM 3TO BbIpaXKeHUE B MHTEIPAJI, 3aT€M, MOJb3ydCh PABHOMEDPHON CXOJIMMOCTDIO,
MOMeHsgeM MeCTaMH 3HAKN CYMMHUPOBAHNS U NHTETPUPOBAHNS W TPOUHTETPUPYEM TIO X, OTIPE-

neaus dT' = dxq . ..dw,_1:

C(e, + k) T(by — an + k)T (an) L(by)...T(by) (—2)*x
Py C(en)k! (b, + k) C(ay)...T(an_1)T(an)T'(by —ay)...T'(by — ay)
y / ﬁ x?ﬁk 1(1 — xi)bfafl xfb"_]ﬁk_l(l — Tpp_q)Pnmt a1l I —
(1—zzq... ;)% (1 —zxq ... ¢, q)on-1Henthk
0,171 =1
B Z (e +k)T(bp —an+ k) T(by)...I'(by,) [(ay +k)... (a1 + k) (—2)x
2 Tkl T(p+ k) T(ar) . T(an 1) T(bp — an)T(bs + ) Dby 1 + K)

XInq(ay+k,...ian1+kby+k, . ..;bp1+kicr,...,Cho,Cn1+ Cn+ k|2).

Jlasiee mpuMEHUM IPEANOIOKeHIe WHIYKIMH, OIYTHO 0003HaunB dT” = dxy . ..dTs,_3,
OyeM uMeTh
e [(cy)k! L, +k) T(a)...T(an_1)T(by —an)l(by+Ek)...T'(by—1 + k)
él—i_k'; a’1+k7 éQ—i_k;7 ct an72+k7 én,1+l€, —
X(1—2) 0 F L3 bitk, co+k, bat+k, ..., Chatk, btk 1 =
bl — ag, 07 b? — Az, ..., 07 bn—l — Qp—1 —F
R — — . Ma,_1 + k
_(1— ) Z( z )kF(cn + k)0, —a,+ k) T(by)...T(b,) T(an_1+k) 9
= 1—2z" T(e)k! L(b,+k) T(ay)...T(an_1) T(b, —ay)
X _ L X
F(én—l + ]{T)F(bl — él) N F(bn—l — én_l)F(él - al) ce F(én_g - an_z)
x N ) T ) g (L — gy )
(]_ — == lL‘l)bl_al (]_ — Exl R I’Qn_:g)b”—l_a"—l
[071]21173

BuoBb moMmensieM MecTaMH HHTEIPHPOBAHUE W CYMMHPOBAHUE M CIPYHIHPYEM TaMMa-
MHOXKHTEJIM HYKHBIM 00pa30M, 9T00bI CO3/1aTh 13 HEKOTOPHIX OeTa~PyHKINIO, KOTOPYIO MPe/I-

CTaBHM B BUJ€ UHTETPAJIOB IO JOIOJHUTEJIBbHBIM IIePEMEHHBIM!

“T(b, — an + k)

1= (1_—22) (b, — an)k!

k>0

I'(b1) I'(e1) . L'(by-1) I'(¢n-1) I'(bn)
F(bl — él)F(él) F(al)F(él — al) F(bn—l — én_l)F(én_l) F(an_l)F(én_l — an_l) F(cn)F(bn — Cn)

X

X

e1+k—1 b1—é1—1 an—2+k en—o—an_o—1Cn—1+k—1 b 1—&,_1—1
" / af T (L) (L — e g) Ty (1 — mgp )

CRE=TATEE

X

(1 — f—i[ﬁl .. .J]Qn_g)b”*l_a"’l

[071]2n—1
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an—1+k—1 é a 1,.cntk—1 b —e —1
X Top_o (1 = @gpg) ot 7ot g TN (1 — @ g)Pn iy . dgp .

1—=2

Z CLn+k) " T k_ 1
Fb — ap)k! 1—2 SR A G Yon—an’

L1 Ton—1

Mpbl noJtyumin cxoadanuiics npu

‘<1p5{g1

q9TO JAET
R () K@) D) N
L(by —é)T(é) Da)T(é1 —a1)  T(ap-1)T(éno1 — an_1) ['(cy)T(by — cn)

X

X / xil 1( iﬁl)bl a-t 9532124(1—$2n—4)é”‘2_a”‘rll'gﬁila_l(1—$2n—3)b"‘1_é"‘1_1
)

— _
1'1 bi—ay (1 et $2n_3)b”—1 Gn—1
[071]271,—1

an—1—1 é a 1,.cn—1 bp—cp—1
Ton (1 — @ap_g)r 7017 gGn T (1 — gy

(- o wm e

Cy, ai, Ca, ceey Qp—1, Cp; —z
- (1 - Z)icIIQn—l bl; C1, b?a <oy Cp—1, bn7 1 2
bl_alu 07 b2_a27 teey 07 bn_an

Teopema Gpi1a okazana B obmacta { |z| < 1}U{[=|} < 1, Ho oHa ocTaéTcs BepHO# BO
Beeit obaactu |arg(l — z)| < m, nockonbKy 06e YacTH paBeHCTBa onpejenensl. Teopema 1

JOKa3aHa.
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Breuém ang ynoocrsa d; = b;+...+b,—a;1—...—ap—¢ci—...—cp gt =1,....n—1
ud, =0b,—c,.

Teopema 2. Ilycmov evnoanenv ycaosus 0as napamempos unmezpana (3). Tozda

3 dl, ai, dz, ey Qp_1, bn—Cn;
In(a, b,E|Z) = (]_ — Z)d17a1]2n_1 bl, dl, b2 RN dnfl, bn, z
bl—al, 0, bg—ag ceey O, bn—an

JdokazaTeabCTBO NMPOBeIEM WHAYKINEH 0 n, KaK U B IpeIblayIeit Teopeme. Bocmosib-
3yeMcsl TEMH JKe PACCyKJIeHUSIMH W 3aMeTUM, 9TO ITPU N = 1, IpuHUMagd BO BHUMaHWe paBeH-

11—z
crio (30), Toxaectso cosuasaer ¢ (33). B 9ror ke pas npumenum sameny T, — 1t

I.(@; b;¢|2) =

L(b:) N xi)b"““_l L(b)...L ()
11 [(ai)T(bi — / H (A= 22y w)e % T TG o) Tn—an)
[0 m

/ R Gk S abren=1(1 — g, ) a
H dz.

(I —zap.m)s (L= zmy. . zpoq)n om0 (1 — 2wy .oz )P en
CRIE

Paznoxkum 3HaMeHaTesb nocaeaHeil 1pobu B psii:

toen) _ N Dlbn = o + )
(b, — c)k!

(zay...2,)F,

(1 —zxy...25)"
k>0

MPOUHTEIPUPOBAB 3aTEM 110 Ty, MOJIYIAM

(b, —cn+ k) T(by — an + k) (ay) L(by)...T(by) .
Z (b, — cp)k! I'(b, + k) I'(ay)...T(ap-1)(a,)C(by —ay) ... T'(by, — ay)

< | ) et M et G
(

1—zxy...x)% (1 —zxy... .2y q)or-1Fontan=bn

k>0

[0,1]7— 1 =1

B L(b, —cn+k)D(by —an+ k) T'(by)...T'(bn) I'(ay +k)...T(an-1 + k) X
=2 Dby — )kl T(bn+ %) T(ar).. D(an1) T(bn — an)U(or + k) .. Dlon 1 + k)

k>0

XInq(ar+k,...;an1+k;bi+k,...;0p1+kjcr,. ., Ch2,Ch1+ Cy+ an — by|2).

[TpumennM mpeanoIoKeHHe WHIYKIAT U TTPOJIOIZKUM J0Ka3aTeTbCTBO aHAJTOTHIHBIM METO-
JOM:

Z W L(bp — ¢ + k)T (by, — an, + k) L(by)...T(by) C(ay +k)...T(an_1 + k) 5
b —c )kl T, +k) T(ar)...T(an_1)T(by —a,) T(by+k)...T(by_1 + k)

k>0
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d1+k, a1+/<:, dg—l-k, cey an,2+k', dn,1+k,
X(l — Z)dl_allgn_g by + k‘, dy + k?, by + ]{?, cey dp_o + k‘, bn_1 + ]{?, Z
bl — ap, Oa b2 — a2, ..., 07 bn—l — Qp—1

di—a e T (b —cn+k) T(bn—an-+k) (b1)...0(by) D(a14k)...D(an— 1 +k)
=(1—-z)a @ k;)z PO eil Ttk o) (o D) T k) T 11k

L(by + k) [(dy + k) D(dp—o + k) L(by—1 + k)

X

% F(dl + k)f‘(bl — dl) F(a1 + k)F(dl — (1,1) . F(an 9 + ]C)F(d — Qp— 2) F(dn—l + k:)F(bn_

X
1 dn—l)

—dp—1—1

dit+k—1 bi—di—1 an—2+k—1 dn—2—an_2—1,.dn—1+k=1 br—
% / i’ (L—a)" ™70 @y (1 — wop—y)™ 22wy (1 — opg)™ !

01205 (1 =z ) O

Buosb crpynmnupyem j1o/2KHbIM 006pa3oM ['aMMa-MHOXKHUTEM 1 BBEJIEM JIBE JONOJHATEIBHBIX
NepeMEHHBbIX HHTErPUPOBAHUA:

1—a an+k) F<b1)
= (=2 ) 2 = b )k T(d)T(by —dy) |

k>0

« F(dl) . F(bn—l) F<dn—1) F(bn)
F(al)F(dl — a1) F(dn_1)r(bn_1 — dn—l) F(an_l)f‘(dn_l — an_l) F(bn — cn)F(cn)

X

—dp—1—1

dit+k—1 bi—di—1 an—2+k—1 dn—2—an_2—1,.dn—1+k=1 b
y / Ty (1 —my)n™ ™  Tany (1= @op_g)™ 272 aln ™ (1 — @op3)™

0,1]2n1 (1= zay)n—a (1= 221 ... Top_g)bn-1—0n—1
0,1]2n=

an—1+k—1 d 1, .dn+k—1 bp—dn—1 _
X, (1= @yg)® =t n T (1 — @)™~y Ay =

= (1—z)h-o L'(b1) I'(d1) C(bn—1) I(dn—1) L'(b,) %

T(d)C(b1—d1) T(a)(di—a1)  T(dn—1)T(bn-1—dn—1) D(an—1)I(dn—1—an—1) L(dn)L(bn—dn)

di—1 bi—d1—1 an—2—1 d 1,.dn-1-1 bn—1—dn—1—1
" / af (A=) w1 = @ang) Ty (1= mgpg)

(1 - le)b1,a1 (1 —ZT1... l’zn,g)b” 170n-1

an—1—1 dp_1—1 dp—an—1—1 bp—dn—1
Ton o (1 — 2p_0)™ Top—1 (1 — @9y q)n

dl‘l Ce dl’gn_l =
(1 — ZX1 ... l’gn_l)bn_a"
d17 ai, d27 ceey Qp_1, bn — Cn;
di— .
= (]_—Z) 1 a1]2n_1 bl, dl, bg, ceey dnfl, bn, z
bl—CLl, O7 b2_a2 Cey 0, bn—an

Teopema 2 poka3aHa.

BraumMaTepHBII YATATEH 3AMETHT, YTO HPH IPAMEHEHNH K IIPaBoii 4acTi Toxk1ecTBa (34)
yTBep:KIeHust (35) MOXKeT OBITH MOJTyHdeH pe3yIbTaT BTOPOi TeopeMbl. OOpaTHM BHUMAHHE 1
Ha pesysabrar npumenenns (34) k upasoit gacru (35). Bygem umers B urore
[n<a17 ceey An—1, Gn; b1> R bnflv bna 07 s 707 Cn ‘ Z) = In(ah < ey An—1, Cn; b17 R bnfh bna 07 s
Takzke 3Hast pazjoKeHne B psiJ] nHTErpana (3), HETPYJIHO JOTAIATHCs, 9TO ecjau B Teopeme
1 momoxkuts ¢ = (0,...,0,¢,), TO TOTYIATCST
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Cn, ay, ceey ap—2, Qp—1,

—2z
[n bl; b27 ceey bn—h bn; 1 P 3
bl — ag, b2 — a2, ..., bn—l — Qp—1, bn_an
a 9TO He UTO WHoe, Kak (34), mpumenénuoe K I,(Cy, a1, .., 1,01, ..., bp;0,...,0,a, | 2).

Ucnonp3yembiii xKe B JIOKa3aTeJbCTBAX MeTO ObLT ouepiuyT u3 paborsl C. 3mobuna [14].
DTOT MeTO 3aKII0YaeTCs B PA3IOKEHUU B Psi/l MOCAETHET0 3HAMEHATEA C ITOCJIe/ Ty FOTINM
UHTETPUPOBAHUEM TIO MOCJeHEH TIepeMeHHON, TPUMEHEeHUEM TPEeITOIOKEHNsT UHIYKIIUT W
OOpaTHBIM CBOPAYMBAHUEM Ds/la B 3HAMEHATEIb.
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